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Tategrale cumediates:

I

1) i 7 dx = Se%/; +C
L4 X }
(* ,arctan(x)
2) 4 dx = L4arctan(x) +C
J 1+x? In4
3) Ltan 1 dx = In cosl +C
o x? X X
o 4x 1
9| wdx= Zm‘ne“x +C
J 1+¢€
[ 1 X
5) dx = In|tan| = ||+ C
sin(x) 2
* 3 10
6) | xx? + 1)Adx= %(xz +1) "
¥ 3 4
7) (ex +1) e’dx= %(ex +1) +C
d . 2
8) de= E(sinz(x)+5)é +C
R \3/5+sin2(x) 5
[ 1 1 1 (1
9) | x—3cos(x—2) dx = —Eszn(x—zj +C
10) | x* cos(Zx4 + l)dx = %sin(2x4 + 1)+ C
11) 32xsm(1+32x )dx S cos(1+32x)+C
J 21n(3)
[ 1
12) | —————dx= 2tan(x)+C
[
od 1 .
13))| —————dx= —tan(e )+C
J e* cos? (e_x)
[ 1
14) | ————dx= —cotan(l+In(x))+C
J xsin (1+lnx)
N 2
15) * x= larcsin(x3)+ C
o 1—X6 3
[ 1 [ x
16) dx = arcsm(—) +C
o 4—x2 2
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Integra

17)

18)

19)

20)

21)

22)

23)

2—dx
J x” +10x +30

J 2x? +5x+3

———————dx
J en*(4+3x%)

dx =

1
dx =

ex

2x x dx =
e +6e +10

)c“r:h(x5 )dx =

x_%sh(x/; )dx =

[ ch(in()

X

X

dx

sz + 6x +21

1

Vx? +6x+1

I S

V3x? —5x +16
1

4x* =3x-10
1

¥ -8x-3

dx =

dx=

dx =

dx =

+2
arcsin(x 2 ) +C

x_4)+C
6
3x+4j

V31

larctan(ij +C
3 3

larctan(z—x] +C
6 3

arcsin(

— arcsin(

—arctan| — | + C
NG 3

2479 arcmn( 4x +5
79 J79

arctan(ex + 3) +C
1mu%+c

5

2 ch(lx)+C
sh(ln(x)) + C

%Th(4+ M)+ C

— arg Sh( j +C
arg Sh( ) +C
arg Ch(

-5
ar Sh( j C
g V167

+C

J+c
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Tategrale per descomposicis:

35)

36)

37)

38)

39)

40)

41)

42)

43)

44)

45)

46)

47)

48)
49)

50)

sin?(x) dx =

cos’(x) dx =

tan’(x) dx =

1

dx =
sin?(x) cos?(x) X

(1))

(x2 + 1)(x2 - 2)x_%dx =

(o)’
-~ 7 dx=
Jax
[ V2+x2 —y2-x2 dy =

4—x*

.x+2
x+1

dx =

x+3 gy =

1-x2

2x-7

dx=
x? +9

X+1

2—dxz
X —4x+8

2x+3

—dxz
9x% —12x+18

X+2 dx =

x/2 - 1/4 sin(2x) +C

x/2 + 1/4 sin(2x) +C

tan(x) -x +C

tan(x) - cotan(x) +C

1/2 In| (x+1)2 +1 | - arcsin(x+1) +C
arcsin(x) - (1-x)" +C

x+%x2\/; +C

%x4 %—%xz {/;+C

3 1/ 3 -1/ 5
2aéﬁ—4ax+4aéxé - 2% +§a Axé +C

arcsen(g) —arg Sh(%) +C

X+ ln|x + 1| +C

—m + 3arcsin(x) +C

In| x*+9 | - 7/3 arctan(x/3) +C

1/2 In| x*-4x+8 | + 3/2 arctan(1/2 (x-2) ) +C

1/9 In| 9x*-12x+8 | + 13/28 arctan(1/2 (3x-2) ) +C

-(4x-x*)"? + 4 aresin(1/2 (x-2) ) +C
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Integra

51)

" x2 _5x+6

5 dx= x- 5/2 In| x*+4 | + arctan(x/2) +C
X +4
" x — \/arctan(2
X~ yare a2n( X) 4 = 1/8 In| 1+4x2 | - 1/3 ( arctan(2x) )2 +C
1+4x
sinz(ax) dx = 1/2 x - 1/(4a) sin(2ax) +C
cos?(ax) dx= 1/2 x + 1/(4a) sin(2ax) +C
sin?(x) cos3(x) dx= 1/3 sin®(x) - 1/5 sin’(x) +C
sin®(3x) cos®(3x) dx=  -1/18 cos®(3x) + 1/24 cos®(3x) +C
cos(6x +7) cos(2x — 5) dx=1/16 sin(8x+2) + 1/8 sin(4x+12) + C
sin(3x) cos(5x) dx= -1/4 cos(8x) + 1/4 cos(2x) + C
sin(9x —1) sin(2x—-5) dx= 1/14 sin(7x-6) - 1/22 sin(11x+4) + C
cos(7x) sin(3x) cos(5x) dx= -1/60 cos(15x) + 1/36 cos(9x) - 1/20 cos(5x)+ C

[" sin(2x + 5) =

-1/2 cos(5) In| cos(2x) | + x sin(5) + C
cos(2x)

o
X% —x*+2x3 —7x2 +x-6

dx = 5/3 (x-1)° + 6/5 (x-1)° - 3/4 (x-1)* - 8/3 (x-1)° -2(x-1)? - (x-1)”
(1
[ sin(3x) cos(5x) dx = 1/4 cos(2x) - 1/16 cos(8x) +C
[ cos(4x) cos(2x) dx = 1/4 sin(2x) + 1/12 sin(6x) +C
[ sin(3x) sin(2x) dx = 1/2 sin(x) - 1/10 sin(5x) +C
[ tan®(x) dx = 1/4 tan*(x) - 1/2 tan’(x) + In| sec(x) | +C
[ tan’(3x) sec*(3x) dx = 1/12 tan*(3x) + 1/18 tan®(3x) +C
[ cotan’(x) cosec’(x) dx = -1/7 cosec’(x) + 1/5 cosec’(x) +C
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Tategrale per parto:

69) | In(x) dx = xIn|x|-x+C
70) | arctan(x) dx = x arctan(x) - In[(1-x%)"?]+C
71) | x? cos(2x) dx= x%/2 sin(2x) + x/2 cos(2x) - 1/4 sin(2x) +C
72) | x1+x dx= §x(1+x)% _14_5(1+x)%+c
[ - L s Lo
73) | x~ In(x)dx = 3 x” In(x) Y x> +C
74) x2sin(x)dx = —x? cos(x) + 2xsin(x) + 2 cos(x) + C
75) | x*Vl-xdx= —gxz(l—x)% —ﬁx(l—x)%—i(l—x)% +C
J 3 15 105
76) | x arcsin(x*)dx = %xzarcsin(x2)+%\/1—x4 +C
77) | sin(In(x))dx = %[xsin(ln(x)) — x cos(In(x))]+ C
78) | x*e® dx= lezx{f—éxz +§x—é}-C
J 2 2 2 4
79) 1n(")2 dx = In(x) -2 arg Th(% X+ 1] +C
R (x + 3) 3 3
[ (1 (1
80) arcsm(—] dx = xarcsm(—) +arg Ch(x)+C
X X
[ Lo (o 2 18 1
81) | xe““cos(3x) dx = F e {x(szn@x) + 3 cos(3x)) -y sin(3x) — 3 cos(3x)} +C
82) | arcsin(x) dx = (xarcsin(x) +41-x? ) +C
83) | xarctan(x) dx = %(xzarctan(x) —-x+ arctan(x)) +C
84) arcsin(,/ ilJ dx=(x+1) arctan[ ( x/(x+1))"?1-x"? +C
X
85) | e*cos(x) dx = %e" (cos(x) + sin(x)) +C
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Integra

94)

95)

1 1 1
100) | ———=dx= - __
)sz /4—x2 [X t} 4 X

e*sin(x) dx =

* X

Xe

(1+x)

dx =

2

[ arcsin(\/; )
— 2 dx=
N X

sin’ (x) dx =

e™cos(bx) dx =

%e" (sin(x)—cos(x))+ C

xe*

- +e*+C
1+ X
%arcsin(\/}) +%\/1 -x+C

1/2 x - 1/2 sin(x) cos(x) +C

a/b® €™ cos(bx) + 1/b €* sin(bx) +C

112 [ x* arctan( 1/(1+x) ) + x - In| X? +2x +2 | +C

In| x+1 |2 (x+1)"? - 4 (x+1)"? +C

[x=2Sh(t)] 1/16 x/(4+x%)"?+C
[3-2x=t]  -2/7 (3-2x)"*+C

[x=Ch(t)] x/2 (x*-4)"? + 2 argCh(x/2) +C

12

-2 x" cos(x"?)

x=t’] p +2 sin(x'?) +C

2
4 -x +C
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101)

102)

103)

104)

105)

106)

107)

108)

109)

110)

111)

112)
113)

114)

115)

X

e

]
In
n

+1
(2x) dx =
(4x)

! dx =
B

© dx =
X 41

e
* 2x
ve

sin® x

vV COS X

dx=

Xee arcsin(x)

.\/1+\/;dx=

[e*=t]

[1-x°=t]

[e*=t]

[In(2x)=t]

[e*-1=t7]

[e*+1=t’]

e+1-3 In(e*+1)+C

-2/9 (1-x%)*2 + 2/15 (1-x°)%2 +C

-In| 1+e™| +C

In| 4x | - In(2) In|4x| + C

2 arctan( (e*-1)"?) +C

213 (e +1)*2-2 (e +1)"? +C

1/2 5/2

[cos(x)=t] 2 cos “(x) - 2/5 cos™ (x) +C

[aresin(x)=t] ™" (x/2 - 1/2 (1-x%)"? ) +C

[X1/6= f]

[X1/2=t]

112 X" + x"® - 1/2 In|1+x"?| - arctan(x"®) + C

4/3 ( 1+ X1/2 )3/2 +C

x
Dutegrals de Juncions racionale:
U

J X+2

—lln|x| +i|n|X -2 —£|n|x +3/+C
6 10 15
X +1n[x + 2+ 4In[x — 4/ +C

lIn|x| + EIn|x +2/—Injx - 1+C
2 2

161

5x +1'”|X| —Z|n|X —1+—Inx-4|+C
2 2 6

2ol + 22 infox - 3]+ 2 nfax + 2 +C
3 78 39
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imf@@@ ra

1) | X =3X*2 o —In|2x—1| In|2x+1|——|n|5x 2/+C
J (4x2 -1)(5x -2)
117) X5 = S P P e
J x®—x% —x+1 x-1 2 2
118) | —— dx= Injx 2|~ —= +C
J =) -
o 4
19) | —— ar= L se—emfi- s —— 24
J (1-x 2 21-x)* 1-x
(> 4 3 2
120) | 2= g X om- Lo 2mfv-1)+C
o x® —x? 2 x
121) | —— a= L tal|-mnfx+1]+C
J x(x+1) x+1
122)' —6x°% +12x2 6 o 1. M 8
J x®-6x2+12x-8 2 (x—2)2 x-2
[ Sx2+6x+9 9 1
123) | 22X TOXT7 = _ _ +C
J (x—3)2(x+1)2 2(x-3) 2(x+1)
* 4 3 2
124) al —23x +32x —x 3 dx = lxz+ln|x|—lln‘x2—2x+3‘ +C
J x> =2x" +3x 2 2
* 3 2
125) XX A3 dx = arctan(x)+lln‘x2 +3‘ +C
o (x2 +1)(x2 +3) 2
[ x4 48  —x242x+1 3 5 243 2x—1
126). (x2+x)(x3+1) dx—ln|x|—ﬁ—2ln|x+l|+ln‘x —x+1‘+ arctan( NG J+C

127)

128)

129)

130)

131)

132)

2 +x2—5x+15 1

2 x+1 X
(x2 +5)(x2 +2x+3) dx ——ln‘x +2x+3‘ arctan( ﬁ j —x/garctan(ﬁj +C
[ ! dx = ln|x 3| ln|)c—1|+iln|x2 +4x+5|+iarctan(x+2) +C
(x2 —4x+3)()c2 +4x+5) 52 x20 65 130
[ 1 L et ee240]
= I y ( J2-1 ) y ( 2 1) +C
= +1 4\/5 |x . 2+1| 2J_arcan 2\/_arcanx +
* 4
f 1 dx = x+%ln x;i —%arctan(x) +C
xT - x
[ 1 1)’ | (Zx—l]
dx = =1 -—— +C
x3+1 X 6nx2—x+1 ﬁarctan \E
[ ! dx = l arctan(x) + al +C
(x2 +1)2 2 2(x2 +1)




Evercicco wivell 2

Seccid d'Educacéd secundania

133)I

7@1’@7%&0[6@%40«4%«0@4& MWetede d Fenmcte:

134)

135)

136)

137)

138)

139)

3x+5 dy =

x +2x+2

2x-1 >+ arctan(x) +C

2(x2 +2x+ 2)

L > dx= X+ X —In|x+1|—— n‘x +1‘+—arctan(x) +C
(x+ 1)2 (x2 + 1) A(x+ N(x* +1) 4 4
1 O x+2 5 [2x+1] 1.1 9
dx= +Inx + 1+ —=arctan ——Inx“ +x+1+C
(x+1) (x2+x+1)2 3(X2+x+1) A 3V3 V3 ) 2 ‘
3

X" +1 = 123x—17 +1In‘x2 —4x+5‘+§arctan(x—2) +C

(x* —4x+5) 2(x* —4x+5) 2 2
5 3

1 o 15x5 + 40x 4;33x o5 arctan(x)+C
(x2 + 1) 48(1+ x2) 16

x* dx= 1o x + 1 arctan(x) +C
(x2 + 1)2 2 (x2 + 1) 2

1 X 3
—— dx= ————— — —arctan(x —
(@ PR e

7W¢K¢demwmmmwm&!¢@e&mg¢e¢

140)

141)

142)

143)

144)

145)

146)

147)

U

dx =[x"?=t
2 [x™=t]

=[1-x=t"]
X+3
x?y2x + 3

-1
x+1

dx =[2x+3=t’]

x

dx =[(x-1)/(x+1)=t]]

-_—

31X Ty =[(x+1)(x-1)=t° ]

x
—_

1

xVx? —2x-3

X

VX2 +4x

dx

dx =[(x*+4x)"?/x=t ]

2x'2-23? arctan( x/2 )"*+C

-1
dx =[x=t"] 6/7 x"® -6/5x%° -3/2x2° +2x"2 -3x"" -6x"°-3In| 1+x"?| +6arctan(x ) +C

-2 arctan(1-x)"?+C

-1/x (2x+3)"+C

2 —

X2 1(x—2) %Inx+\/x -1/+C
lln—t2+t+1 +iarctan(2t+1J+ 2t +C
3 t—1 J3 J3 t3 1
iarctan X* = 2x=3 =X +C
V3 V3

at 2In +C
t2 - t+1

tdgina 1O
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148)J- ! dx= 2 +C
(x—1)\/x2—3x+2 1-x+4Vx% —3x+2
4x +2
149)I dx = __*T4  4C
x2 —5x+ 3 Vx? —-5x+6
Putrt de fectons el s | =0
ax? +bx+c
150) X0 - 4(-x*+4x-3)"? +2arcsin(x-2) +C
v \/—x2+4x—3
e 4 2
X" +4x 1
151) | —=dx= ( x3 +— x ZI
o ‘\/X2+4 4 ﬂx +4
o 3 2 B
152) | —2—dx= _19 10X+ 2XT i ok - X2 —4arcsin(1 Xj +C
J V=x? +2x+1 6 x/E
* .3 a2 _ 2
153) X \/M 6dx=[x——14—x+37] x? +4x+3 —66Inx + 2+ Vx? + 4x + 3| +C
o X° +4x+3

1

Nota
I (x—d)n\/ax2 +bx+c

Tategrale de funcions del W,'IR(nVaxz +bX+cjdx,
& funcis racional

dx amb el canvi x-d=1/t es convirteix en un altra del tipus d’abans.

[ 2
154) 1 dx =[(1-x3)"2 =1+tx | —iarctan{—\m_x_q +C
J 1-x% +241-x? J3 3
[ 2
185) | — ot dx [0 x-4)"? x4t arctan(@} +C
[ 2
166) | e dx =[(3+26) "2 =t(x+1) 2arctan{@] +C
oo 2
e 3 4 - .
157) v1+ x/; dx = (m+1)/n=2 Ei/(1 + i/;) 3 3\?/(1 . i/;) +0
o \/; 7
d 73 2
158) X3(1+2x2) Adx= D S
* 2V1+2x2
[ 1 (2X2 - 1)\/1 + %2
159) | ————dx= c
J x* 1+ x2 3x3
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2
3/ 5
o ( 1+ x —) 3 5
160) ﬁdx=%ln - +§arctan[¥} +C
J X"+ x ,3/(1+x5) +¥1+ x5 +1 3
ol _5 3
161) x‘2(2+x3) Adx= —LXZ+C
¢ 8x3(2+x3)
. 1 7:% 2
162) | —————dx= -2 3(x 4+1) +C
J U1+ 98
163) 1 dx = 3 arctan(i/;) +C
J 3x2(1+3x2)
[ X3 1 2( 2
164) dx = ~V1-x?(x? +2)+C
o 1—X2 3
. V1+ x? X
165) 1+ arctan(x) - - +C
2
. (1—arctan(x))(1+x2) X 1+x

166) 1+ arctan(x) dx = [arctan(x)=t] -arctan(x) -2In|1-arctan(x) | +C
J(1- arctan(x))(1 + x2)
[ cos3(x) . . .2
167) | ———dx = [sin(x)=t] sin(x)+0.5sin“(x)+C
J 1-sin(x)
168) sin’ (x) dx= [cos(x)=t] -cos(x)+cos’(x)-3/5cos’(x)+1/7cos’ (x)+C
169) ;2 = [cos(x)=t] 0.5In| cos(x)-1]|-0.5 In| cos(x) +1 | +cos ™ (x)+C
J sin(x) cos<(x)
o q 1+ tan()z()
X
170)| —— = t /2)=t 2 Thf —— | +C
). sin(x) + cos(x) [tan(x/2)=1 V2arg V2
¥ tan[X,|-5
17 | 5= (d)x T oos0) [tan(x/2)=t] In(#) +C
—4sin(x) + 7 cos(x x/\_
o tan( A) 3
c .2
172) | 3N 6(") dx = [tan(x)=t] 1 tan3(x) + L tan®(x) +C
J cos®(x) 3 5
173) | 1St 4, - [tan(x/2)=t] -2cotan(x/2)-x+C
J 1-cos(x)

tadgina 12
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Integra

174) dx_ dx=  [tan(x/2)=t]
J cos(x) +2sin(x) + 3
175) | S5 4y = [sin(x)=t]
J sin(x)
176) | tan®(x) dx= [tan(x)=t]
[ dx _ _
177) J tan(2x) + sin(2x) [tan()=(
178) | ANy - [tan(x/2)=t]
J 1+cos(x)
179) | 38 4= [tan(x/2)=t]
J sec(x) +tan(x)
r 2x
180) | - ex ; dx= [e*+1=t"]
o e’ +
181) ezxdi(ex - [e"=t]
182) ez hi 1 dx = [e*=t]
o S

arctan(tan(x/2)+1)+C

In| sin(x) | +C

0.5 tan’(x)-0.5 In|tan®(x)+1|+C
0.25 In|tan(x)| -0.125tan’(x)+C

-In|cos(x)| + In|cos(x)+1| +C

-2

tan(%)+1
;‘{/(ex +1)7 —%‘{/(ex + 1)3 +C

1 x 1
——+—In
2% 4 4

+C

ex—2‘+C

-In(e*)+2In(e*+1)+C




